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Introduction.
Let/ be a real-valued function defined on (a, b) C\D, a<b, where D denotes the set of dyadic rational numbers. In this paper we shall describe conditions on/which will ensure that/is monotone decreasing on (a, b)i\D. This will enable us to reprove a conjecture of N. Fine [2] concerning the uniqueness of solution of Walsh series.
For our purposes we introduce the following functions. Given any nonnegative integer ra and real number x, let an(x) = k/2", ßn(x) = (k+í)/2n where k is that integer for which k¿2nx<k
Now given any x in (a, b) we write
n-*ao 2. The main theorem. Let G be a real-valued function defined on (a, b)C\D. Our primary result can be stated as follows.
Theorem.
Assume that G satisfies the following conditions:
Proof. Clearly one may assume that E={xk}?=i contains the dyadic rationals in (a, b). Moreover, by considering the functions Gf(x) =G(x) -ex, xE(a, b), for each e>0 we see that one may assume G satisfies
for some €>0 and all x in (a, b)\E. Now once we have established that
where k and p are integers, p ^ 0, the theorem follows. Hence assume to the contrary that there exists integers ko and p, p^O, with
Set £o=(&o -1)/2P, ■no = ko/2", I0= [£o, Vo]-It will prove convenient to define a set function ¿i by:
Then |u(i"o)>0 by assumption. Let E0 -E and define /", £" inductively by the following procedure.
Having 
This contradicts (ii). Assume next that x is a right endpoint iorn>N.
Again one has/t(7"_i) ¿p ( Theorem 3. Let (a*)"_o converge to zero, set Lix) m J3"-0 a*/*(ic), xE [0, 1 ] . Then this series converges for eachxEDC\ [0, 1 ] . Moreover for each xE [0, l] , L(ßn(x)) -L(an(x)) = 2~nS2"(x) which converges to zero uniformly in x.
From these results together with the main theorem we now prove the conjecture.
Theorem 4. Let / £.n akúkix) converge to a finite-valued integrable function f except on a countable set of points E in [0, l] . Then this series is the Walsh-Fourier series off. 
